The Stone-Cech compactification of a Tychonoff space is orderable iff it is a pseudocompact suborderable space.
As an aid to the reader referring to [G-H] note that an ordered space has a left or right Q gap of ordinality a>a (defined in [G-H] ) iff there exists a nonconvergent Q sequence of ordinality wx. The following lemma appears as Theorem 10.7 in [G-H] . Lemma 1. The Hewitt realcompactification of an ordered space X, whose nonconvergent Q sequences are nonmeasurable, is suborderable.
Note the proof in [G-H] of Lemma 1 is also valid if X were only subordered instead of ordered in both Definition 3 and Lemma 1.
Lemma 2. A suborderable space is sequentially compact iff it is countably compact iff it is pseudocompact.
Proof.
For the ordered case this lemma and its proof are part of the folklore. The same straightforward proof holds in this general setting. Also see [PI] .
Corollary.
The only Q sequences of a sequentially compact subordered space X are of order type co0 or eoj. Hence, vX is suborderable.
Proof.
This follows directly from Definition 3, Lemma 1, and the note preceding Lemma 2.
Theorem ([PI, P2]). The Stone-Cech compactification of a Tychonoff space is orderable iff it is a pseudocompact suborderable space.
